CDYHKI_II/II/I C OrpaHNMYCHHBIMH U3MCHCHUSIMU
§1 CDYHKI_II/II/I C OrpaHNMYCHHBIMH U3MCHCHUAMU

Onpenenenne: [lycts Ha oTpeske [a;h] 3amana Gynkuus y= f(x).
Bribepem pazOueHue oTpeska: a=x,<x, <..<x, =b U COCTaBUM CyMMYy

n

3

i=l1

pasbuenus 7 ={x,}"  oTpe3Ka [a;h] BHINOJHSIETCS HEPABEHCTBO G, <M , TO

S(x) = fx, )‘. Ecnu cymectByeT M >0 Takoe, 4To JJIsl JHOOO0TO

gynkmusa y = f(x) HazpBaeTCA (QYHKIMEN C OrpaHMYEHHBIM H3MEHEHHEM,
a TOYHas BEPXHSS IPaHb supo, HA3BIBAETCS IIOJHBIM M3MEHEHUEM WIIH
IOIHOM Bapuanueil QyHkuun y = f(x) Ha otpeske [a;h] u 06o3HaUaeTCs
Vif.
IIpumepsr:
1. Monoronnass Ha otpeske [a;b] GyHkums  y=f(x) wumeer
OrPaHMYECHHYIO Bapuanuioo. JlelcTBUTENbHO, MHycTh y=f(x) He
yOBIBaeT. Torna

I.Z::‘f(xf)_f(xf“ )‘:ii](f(xi)_f(xi—l )=1(x,)= f(x,)=r(b)- f(a). 3Haunrt
v f=fb)-fla)

cosz,x (0,1] b2 1 b2 1
2. y=f(x)= x ; cos—=1 => x=—; cos—=-1 = x=—-.
X 2k X 2k
0,x=0
Teopema: W°[a;b] — GuaxoBo: {f,}”, — dynnamenransHas = {f, |
— CXOIMTCH.
JloKa3aTeIbCTBO:
e - byHmaMeHTaTbHAS =

(Ve>0)(3NeN)(vn>N)(VpeN):

fn_fn+p
t={a,x,b}. Torna
fn(x)—fnﬂ,(X)‘S fn(x)—fn+p(x)—fn(a)+ n+p(a)‘+

f"(b)_fn+p(b)_fn(x)+ n+p(x)‘S

fn_fn+p

TI0CIIEI0BATENBHOCTh  {f, |7, CXOAWTCA pPAaBHOMEPHO HA [a;h] K

< % . Ilycth xe[ash],

<

€
<5 10 O3HAYAET, 4TO (G yHKIIMOHATBHAS

HEKOTOPOM QyHKIUH f(x).
1. V6enumces, uro f(x)e W °[a;b].



|fk(xi)_fk(xi—]M+Z|f(xi)_fk(xil+2|f( ) fk 111<ka z

i=0 i=0 i=0 i=0 1

”_]l ngfk +2, kzk()) Vabfk=||fk||£M'
='n

2. Y6enumcs, uto f, — f 1o HOpME |f — ;| >0, k > oo.
f fk Z|f f(xi—])_'_fk(xi—]ls

-1

Z

)= fir ()= )+ fro, () +

fk+p(xi)_fk(xi)_fk+p(xi—])+fk(xi—lxs

_nZ]:2_+Vb(fk+p fk)__+ka +fk+p

Teopema: Ecnu pyHkuMu f U g MMEIOT OrpaHUYEHHbIE U3MEHEHHUS
Ha [a;b], TO QyHKIMHU f +g ¥ fg UMEIOT OrPAaHMYEHHBIE U3MEHEHHS HA
[a;b].

JlokazatenbcTBo: Benmuuuna f + g € W|a,b] yxke nokasana.
JloKaxeM BTOpPOE BKIIKOYECHUE.

iZ::|f(xi )g('xi ) - f(xl-_] )g(xl._] M =
170 D) e e 0Dl ) - G )

i|g(xi)_ g(xi-] Mf(le + i|f(xi)_ f(xi—] mg(xi—l )| < M]Vabg + MzVabf

Teopema: Ecnt [g(x) > >0 ms Vxela;d], g(x)eW|a,b], To

eWla,b].

b
g(x)

JloKka3aTenbCTRO: 2% ! ! % z|| )||SL2Vabg.
g g 11 g Xici €

Teopema: Eciu q)yHKuHﬂ fewla,b]lu ce [a,b], 10 f eWla,c],
feWle,bl uupuosrom V' f =V f+V'f.

JlokazarenbctBo: IlycTh 7 — NpOU3BOJIbHOE pasbuenue [a;b), ce T

7, :rﬂ[a;c], 7, :Tn[C;b]- o, 22|f(xi)_f(xi—])|7

22|f(xi)_f(xi—]] Torna 6,=0, t0, = Z|f(xi)_f(xi—l] SVabfa

orcrona Vf+V f<V'f.



JlokaskeM oOpaTHOE HepaBeHCTBO. I1yCTh T — IPOU3BOIBHOE
pasouenue [a;b]. Cozmamum aBa Ipyrux pa3Oouenus: ¢, i [a,c|, 7,
s [e,d]. 7, =(cN[a;c)Ule}, 7, =@ N[e;p)) U{c}. Nmeem tpu
CyMMBI o, o, , o . Ilyctb ce(x, ,x,), Torna

NN BN EVEN TS YRV EL TS

i=k+1
TR ()= fOeo ) S| () = fle) +]£(e)- f xk_,)|. Orcroja BHITEKAET

VPf<VEf+Vf.

Teopema: W"[a;b] — HOPMHPOBAHHOE MPOCTPAHCTBO C HOPMOU
lrl=ver

Jloka3zaTenbCcTBO: YOEeIUMCS B BBIIIOJTHEHUHN 3-X aKCHOM:
1. |f|=0, |f|=0 Torxa u Tonsko TOrma, Koraa y= f(x)=0

2. |4l =2ll71
3. | +el <[sl+ el
1. Bapuanms f Bcerma HeoTpuuarenpHa. Ilycte V'f=0,
t={a,x,b}, o, =|f(x)-f(@)|+|f®)-f(@)|<V'f=0 Torma wu

TOJILKO TOra, Koraa f(x)= f(a)=0.

2. ZW =2 (x,1 ) =|Ao. (f)

3. f+g Z|f f(xi—])_g(xi—]lgo-r(f)_'_o-r(g)
a(f+g)SVaf+Vab :

Teopema: poctpancTBo W °[a;h] — mosHoe.



